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ABSTRACT: The equilibrium dissociation constant (Kd) is a major
characteristic of affinity complexes and one of the most frequently
determined physicochemical parameters. Despite its significance, the
values of Kd obtained for the same complex under similar conditions
often exhibit considerable discrepancies and sometimes vary by orders of
magnitude. These inconsistencies highlight the susceptibility of Kd
determination to large systematic errors, even when random errors are
small. It is imperative to both minimize and quantitatively assess the
systematic errors inherent in Kd determination. Traditionally, Kd values
are determined through nonlinear regression of binding isotherms. This
analysis utilizes three variables: concentrations of two reactants and a fraction R of unbound limiting reactant. The systematic errors
in Kd arise directly from systematic errors in these variables. Therefore, to maximize the accuracy of Kd, this study thoroughly
analyzes the sources of systematic errors within the three variables, including (i) non-additive signals to calculate R, (ii) mis-
calibrated experimental instruments, (iii) inaccurate calibration parameters, (iv) insufficient incubation time, (v) unsaturated binding
isotherm, (vi) impurities in the reactants, and (vii) solute adsorption onto surfaces. Through this analysis, we illustrate how each
source contributes to inaccuracies in the determination of Kd and propose strategies to minimize these contributions. Additionally,
we introduce a method for quantitatively assessing the confidence intervals of systematic errors in concentrations, a crucial step
toward quantitatively evaluating the accuracy of Kd. While presenting original findings, this paper also reiterates the fundamentals of
Kd determination, hence guiding researchers across all proficiency levels. By shedding light on the sources of systematic errors and
offering strategies for their mitigation, our work will help researchers enhance the accuracy of Kd determination, thereby making
binding studies more reliable and the conclusions drawn from such studies more robust.

1. INTRODUCTION
The equilibrium dissociation constants (Kd) of affinity
complexes drive important decisions, such as ranking drug
leads and choosing prevailing mechanisms in cellular
regulation.1−5 Correct decisions require accurate Kd values,
but Kd values determined for the same complex under similar
conditions often differ from each other by folds or even orders
of magnitude while having small relative standard deviations
(i.e., random errors).6,7 Such substantial differences suggest
that Kd determination is subject to large systematic errors, or in
other words, is inherently inaccurate.
A determined Kd value (Kd,det) always differs from the true

value of Kd (Kd,true), and systematic error in Kd,det (ΔKd) is
defined as

=K K Kd,det d,det d,true (1)

Since the true value of Kd is fundamentally unknown, the
systematic error of Kd,det cannot be found using this definition.
Therefore, the question of “how accurate is the determined
value of Kd?” lacks a definite quantitative answer. Our inability
to quantitatively characterize the accuracy of Kd,det underscores
the imperative to implement all available measures aimed at

improving this accuracy, or in the other words, minimizing the
systematic error in Kd,det.
The ramifications of inaccuracies in Kd determination are

profound. Inaccurate Kd values can distort the ranking of drug
leads, potentially prioritizing low-potency compounds over
high-potency ones, thereby compromising the efficacy of R&D
efforts in drug discovery.7−11 Moreover, inaccurate Kd values
can lead to misinterpretation of biological data and perpetuate
fundamental misconceptions in biological research for
extended periods.7,12,13 It is crucial to emphasize the necessity
of accurate Kd determination, which unfortunately remains a
challenge.
Over the past decade, notable works and practical guidelines

have been developed to help researchers improve the accuracy
of experimentally determined Kd values.

14−16 Despite this, only
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a small portion of studies adhere to these established
guidelines,14 primarily due to two reasons. First, many
experimentalists are unaware of how significantly systematic
errors in variables (e.g., concentrations) can affect the accuracy
of Kd determination. Second, implementing the recommended
measures, such as constructing multiple binding isotherms with
varying incubation times and concentrations of the limiting
component, is both time-consuming and resource-intensive.
The lack of adherence to established guidelines has motivated
us to conduct a systematic theoretical study aimed at (i)
identifying fundamental determinants of Kd accuracy,

17 (ii)
quantitatively demonstrating the importance of eliminating
common sources of systematic errors and providing guidance
for doing so, (iii) developing a practical approach for assessing
the accuracy of experimentally determined Kd from a single
binding isotherm,18 and, ultimately, and (iv) establishing
consensus standard requirements for binding experiments by
the broader research community.19 Here we focus on the
second aspect.
A classic way to determine Kd includes two major steps

(Figure 1A).20−23 Step 1 is experimentally building a binding

isotherm using a set of equilibrium mixtures containing two
components: a limiting component, which we term ligand (L),
and an excess component, which we term target (T). The
ligand is kept at a constant total concentration L0 across all
equilibrium mixtures while the total concentration of the target
T0 is varied from mixture to mixture in a wide range. A binding
isotherm is the dependence of a fraction R of unbound (or
bound) ligand on T0 at a constant L0.
Step 2 in Kd determination is nonlinear regression of the

binding isotherm with a known regression model, R = F(L0, T0,
Kd), derived from the definitions of R and Kd as well as mass
balance for ligand, target, and complex. In this regression
procedure, Kd is an unknown sought parameter, L0 and T0 are
known independent variables, and R is a known dependent
variable. The result of nonlinear regression is a determined Kd
value and its standard deviation (random error) σ obtained
under the assumption that all three variables (L0, T0, and R)

are subject to random errors only. The value of σ describes the
precision of Kd,det but suggests nothing about the accuracy of
Kd,det.

24,25 In other words, the probability of the Kd,true to be
found inside of the Kd,det ± σ range is unknown and can be
very low.
As Kd is not measured directly but determined using

nonlinear regression with a known regression model, the
accuracy of Kd,det is defined by the accuracy of the three
variables (L0, T0, and R) (Figure 1B).17 Note, the use of an
incorrect regression model will lead to inaccurate Kd,det even if
L0, T0, and R are free of systematic errors. Using error
propagation rules, we can link the systematic error in Kd,det to
systematic errors in L0, T0, and R: ΔKd,det = G(ΔL0, ΔT0, ΔR,
L0, T0, R). The dependence of ΔKd,det on L0 is such that when
L0 is much greater than the unknown Kd,true value, then the
relative systematic error in Kd,det is equal to a combination of
relative systematic errors in the variable multiplied by L0/
Kd,true.

17 Decreasing systematic errors in Kd,det thus requires
decreasing both L0 and systematic errors in the variables. As
decreasing L0 is restricted by limits of quantitation (LOQ) of
instruments,17 decreasing systematic errors in variables is
viewed as an effective way of improving the accuracy of Kd
determination.
Minimizing the systematic error in Kd,det is an important task

which can be translated into minimizing systematic errors in
the variables. The drawback of such minimization is that it is
blind; we minimize the error without knowing its value. The
limitation of blind minimization is that even if all known
precautions are taken to minimize systematic errors in variables
(and, thus, in Kd,det), the resulting Kd,det may still be
insufficiently accurate for an intended application, but we
will not know that. The major problem, which is not directly
addressed in this work, is the lack of a practical approach for
researchers who routinely determine Kd values to quantitatively
assess the accuracy of Kd,det. Some numerical statistical
methods, such as bootstrapping and Bayesian analysis, exist
for assessing confidence intervals of parameters determined
through nonlinear regression.26−28 However, these methods
are very rarely utilized by molecular scientists particularly due
to the ambiguity associated with the inputs, which are
confidence intervals of variables. Thus, we started the
presented work with two goals in mind: (i) minimization of
systematic errors in variables and (ii) quantitative assessment
of the confidence intervals of the variables. Accordingly, after
providing the required theoretical background on Kd
determination and error propagation, we analyze major sources
of systematic errors in variables R, L0, and T0, and we also
identify means of minimizing these errors and study how their
confidence intervals can be quantitatively assessed.
This work represents a rigorous examination of the universal

sources of systematic errors in Kd determination using
equilibrium methods. As such, it serves as an indispensable
resource for researchers conducting binding studies by offering
detailed insights and practical methodologies to significantly
enhance the accuracy of Kd determinations. Furthermore, we
anticipate that this work will lay the groundwork for
incorporating Kd accuracy considerations into undergraduate
and graduate curricula focused on binding methods. Addition-
ally, it will support reviewers and editors in assessing the rigor
and adequacy of experiments reported in scientific publications
that present Kd values. By providing a comprehensive analysis
and practical guidelines, this study aims to elevate research

Figure 1. Schematic representations of A) determination of Kd and its
standard deviation (σ) by nonlinear regression with three variables
from the binding isotherm (L0, T0, and R) and B) propagation of
systematic errors in these variables leading to a triphasic dependence
of the relative systematic error in Kd,det on the ratio L0/Kd,true. (The
right subpanel of panel B is modified with permission from ref 17.
Copyright 2023 American Chemical Society.)
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standards in this field, ensuring more reliable and reproducible
results, ultimately benefiting the broader scientific community.

2. THEORETICAL BACKGROUND
2.1. Binding Process. Since the considerations of

stoichiometry and cooperativity of binding would greatly
complicate this study, here we only consider a simple 1:1
binding process between a target and a ligand, which is the
most abundant type of interactions in biological and
technological contexts:15,29,30

+ X YooTarget Ligand Complex
k

k

off

on

(2)

Here kon and koff are rate constants of complex formation and
dissociation, respectively. Kd can be defined through either
these rate constants or equilibrium concentrations of the target
(T), ligand (L), and complex (C), as follows:

= =K
k
k

TL
Cd

off

on (3)

Lower Kd values correspond to higher thermodynamic stability
of the complex. The equilibrium concentrations are linked to
each other through the formal total concentrations of the
target (T0) and ligand (L0) according to the rules of mass
balance:

= + = +T T C L L C,0 0 (4)

T0 and L0 are concentrations of target and ligand, respectively,
after mixing solutions of these two reactants but before any
complex is formed. Experimentally, T, L, and C cannot be
directly measured to determine the Kd. However, Kd can be
calculated with known T0, L0, and fraction of unbound ligand
R; the latter links Kd to T0 and L0.
2.2. Fraction R of Unbound Ligand. The determination

of Kd requires experimentally finding a fraction R of target-
unbound ligand (or a fraction of target-bound ligand, 1 − R),
in the equilibrium mixture of the target and ligand:

=R L
L0 (5)

The general procedure for finding R starts with preparing the
equilibrium mixture of the ligand and target. The procedure is
facilitated by the physical or spectral separation of the
unbound ligands from the complex. The separation is complete
if the peaks or spectra of the unbound ligand and the complex
do not overlap; otherwise, it is incomplete. The choice of a
signal-processing approach depends on whether or not the
separation is complete.
Complete separation of the unbound ligand from the

target−ligand complex allows one to measure two signals from
the equilibrium mixture � one is a signal from the unbound
ligand (SL) and the other is a signal from the target−ligand
complex (SC) � and express R using the two signals:22,31,32

= =
+

R L
L

S
S S /0

L

L C (6)

where φ is a factor by which the signal of ligand changes when
it binds the target, e.g., in the case of fluorescence detection, φ
is the quantum yield of the target-bound ligand relative to that
of the unbound ligand.
Only a cumulative signal S from the unbound ligand and the

target-bound ligand in the equilibrium mixture can be

measured when their separation is incomplete. Typically, R is
determined using additive signals (signal additivity is explained
in detail in Note S1), which satisfy the principle of
superposition:21,23,33,34

= +* *S S L
L

S C
LL

0
C

0 (7)

where SL* and SC* are signals from equimolar concentrations
of pure ligand and pure complex and S is a signal from a
mixture containing both unbound ligand and complex of a
total concentration equal to that used to measure SL* and SC*.
Note that, signal being linearly dependent on concentration is
a sufficient condition for the establishment of eq 7 (Note S2).
In the case of incomplete separation of signals from the
unbound and target-bound signals, the value of R can still be
determined, but three signals, S, SC*, and SL*, are required
instead of two signals in eq 6:21,23,33,35

=
*

* *R
S S

S S
C

L C (8)

Measuring signal S for the mixture is trivial. Measuring signal
SL* for pure ligand is also trivial as SL* is the signal from the
ligand in the absence of target. Measuring signal SC* from the
pure complex in the case of incomplete separation requires that
C ≫ L, which is achieved via using a saturating total
concentration of the target in the equilibrium mixture:

>T L T K,0 0 0 d,true (9)

It is hard to ensure the second inequality is satisfied as Kd,true in
fundamentally unknown. Moreover, target solubility and a
significant increase in viscosity of the sample due to excessively
high T0 may limit the ability to find SC*. Accordingly, complete
separation of the free and target-bound ligands is preferable to
incomplete separation.
2.3. General Approach to Kd Determination. There are

two major ways to find Kd when R has been determined. In the
first way, a formula that explicitly relates Kd to R is used:

36

=K
T L R

R
(1 )

(1/ 1)d
0 0

(10)

This formula is obtained by solving eq 3 using mass balance
equations for both ligand and target (eq 4), and the definition
of R (eq 5). This approach requires a single value of R.
Calculation of Kd with this formula is most accurate for R
approximately equal to 1/2.22 However, Kd values determined
this way are very sensitive to random errors of R, T0, and L0,
especially when R is closer to zero or unity than to 1/2 (Note
S3). Therefore, an alternative approach, which relies on
nonlinear regression is typically used.
In the nonlinear-regression approach, Kd is determined by

using multiple values of R found for a constant value of L0 but
different values of T0. The dependence of R on T0 is called a
binding isotherm, which exhibits a characteristic sigmoidal
shape in a semilogarithmic presentation of the isotherm (dots
in Figure 1). Kd is then computed by fitting the binding
isotherm with a theoretical dependence of R on T0 (aka,
nonlinear regression model) while using Kd as a fitting
parameter. A correct model can be obtained by solving eq
10 for R without any simplifying assumption:19,20,32
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0

d 0 0
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2
d

0

(11)

An example of the best fit of a binding isotherm obtained with
eq 11 is shown as a red line in Figure 1. In the nonlinear-
regression procedure, Kd is a determined parameter, L0 and T0
are independent variables, and R is a dependent variable.
The regression model presented by eq 11 (as well as other

regression models) assumes that only random errors are
present in the variables, i.e., R, T0, and L0. Those errors result
in a random error of Kd,det which is reported at the output of
nonlinear regression as a standard deviation σ. The standard
deviation (σ) of Kd,det along with the mean value of Kd,det
indicates the precision of Kd,det. Importantly, it is not necessary
to repeat the determination of R for the same value of T0 to
assess the random error of Kd,det.
If any of R, T0, or L0 has a systematic error, then Kd cannot

be determined accurately with a model presented by eq 11.
Furthermore, if systematic errors exist in R, T0, or L0 and their
magnitudes are unknown, then not only is Kd,det inaccurate, but
also the systematic error in Kd,det remains unknown. On the
other hand, if some information about the accuracy of R, T0, or
L0 is known then the correct regression model presented by eq
11 can, in principle, help assess the accuracy of Kd,det.

18,26−28

2.4. Propagation of Systematic Errors. The accuracy of
Kd,det depends on the accuracies of L0, T0, and R. If the values
of L0, T0, and R were known accurately (i.e., had no systematic
errors), then Kd determination would be accurate (e.g., subject
to random errors only). However, this is not the case, and
systematic errors in L0, T0, and R (designated as ΔL0, ΔT0, and
ΔR) always exist and translate to the systematic error in Kd,det
(designated as ΔKd,det) as explained below assuming (for now)
that ΔL0, ΔT0, and ΔR are known.
The manner in which ΔL0, ΔT0, and ΔR are translated into

ΔKd,det is governed by the error-propagation rules. Such rules,
in turn, depend (though not critically) on whether ΔL0, ΔT0,
and ΔR are strongly or weakly correlated. If they are strongly
correlated (which will be the case if similar procedures are used
for the preparation of solutions of ligand and target, and ΔR is
solely the consequence of ΔL0 and ΔT0), then we can
approximate the absolute value of ΔKd,det by the following
expression based on the using of error-propagation rule for
fully correlated errors:

| | = + +
i
k
jjjjj

y
{
zzzzz

i
k
jjjjj

y
{
zzzzz

i
k
jjj y

{
zzzK

K
T

T
K
L

L
K
R

Rd,det
d

0
0

d

0
0

d

(12)

We can apply eq 12 to the dependence of Kd on L0, T0, and R
(eq 10) and obtain17

= +
K

K
a b

L
K

d,det

d,true

0

d,true (13)

where a is a constant depending only on |ΔT0/T0| and |ΔR/R|
while b is a constant depending on all three relative errors:
|ΔT0/T0|, |ΔL0/L0|, and |ΔR/R|.
If ΔL0, ΔT0, and ΔR are weakly correlated (which will be

the case if different procedures are used for the preparation of
solutions of ligand and target, and ΔR is independent of ΔL0
and ΔT0), then we can approximate the absolute value of

ΔKd,det by the following expression based on the use of the
error-propagation rule for fully uncorrelated errors:

| | = + +
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jjjjj
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zzzzz
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Rd,det
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2

0
2 d

0

2

0
2 d

2
2

(14)

We can apply eq 14 to the dependence of Kd on L0, T0, and R
(eq 10) and obtain17

= + +
i
k
jjjjj

y
{
zzzzz

K

K
L
K

L
K

d,det

d,true

2 0

d

2 0

d,true

2

(15)

where α and λ are constants depending only on |ΔT0/T0| and
|ΔR/R| while β is a constant depending on all three relative
errors: |ΔT0/T0|, |ΔL0/L0|, and |ΔR/R|. In propagating the
errors to obtain eqs 13 and 15, a single simplifying assumption
was made, that the determined (from measured signals) value
of R is equal to 0.5, which leads to the least erroneous
Kd,det.

17,22 Thus, we are considering the best-case scenario, and
eqs 13 and 15 represent the lower limit for relative systematic
errors in Kd,det. Exact dependencies of a and b as well as α, λ,
and β on |ΔT0/T0|, |ΔL0/L0|, and |ΔR/R| are not important
here but can be found elsewhere.17

Although eqs 13 and 15 appear different, they are similar in
the triphasic shape of |ΔKd,det/Kd,true| dependence on L0/Kd,true
(Figure 1B). The first phase corresponds to low L0/Kd,true
values and is linear with negligible dependence of |ΔKd,det/
Kd,true| on L0/Kd,true. The reason for the first phase to be
virtually parallel to the x-axis is that the first term prevails over
the second in eq 13 and the first two terms prevail over the
third term in eq 15 for low values of L0/Kd,true. For phase 3,
which corresponds to large L0/Kd,true values, eqs 13 and 15
approach another linear phase: |ΔKd,det/Kd,true| = b(L0/Kd,true)
and |ΔKd,det/Kd,true| = β(L0/Kd,true), respectively; that phase
shows a high sensitivity of |ΔKd,det/Kd,true| to L0/Kd,true. There is
a nonlinear transition range (phase 2) between the two linear
phases. Moreover, both eqs 13 and 15 suggest that the
minimum |ΔKd,det/Kd,true| value (in phase 1) depends on a
single parameter (a in eq 13 or α in eq 15) that is defined only
by |ΔT0/T0| and |ΔR/R|, while the sensitivity of |ΔKd,det/Kd,true|
to L0/Kd,true in phase 3 mainly depends on a parameter (b in eq
13 or β in eq 15) that is defined by relative errors of all three
variables: |ΔT0/T0|, |ΔL0/L0|, and |ΔR/R|.
As suggested by eqs 13 and 15, to increase the accuracy of

Kd,det (i.e., to decrease |ΔKd,det/Kd,true|), one can decrease the
ligand concentration L0 (to reduce the L0/Kd,true ratio) and/or
minimize the relative systematic errors in L0, T0, and R. Since
L0 cannot be lower than the LOQ of an instrument utilized for
measuring signals (and, thus, finding the values of R),17 it is
not practical to decrease L0/Kd,true to a very low value in many
cases, especially in the studies of very stable complexes (small
values of Kd,true). Thus, understanding the sources of systematic
errors in L0, T0, and R and how these errors influence the
accuracy of Kd,det is crucial for minimizing such systematic
errors and further improving the accuracy of Kd,det.

3. RESULTS AND DISCUSSION
3.1. Effect of an Incorrect Regression Model on Kd

Accuracy. Before considering sources of systematic errors in
L0, T0, and R, we would like to demonstrate the importance of
using a correct regression model (e.g., eq 11). It is common in
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the research community to fit binding isotherms with a
simplified hyperbolic equation:14−16

=
+

R
K

K T
d

d 0 (16)

This equation is derived from the definitions of Kd and R (eqs
3 and 5) and mass balance for ligand and target with assuming
T ≈ T0.

14−16 Eq 16 is only applicable to Kd determination
under the condition of L0 ≪ Kd,true;

14−16 however, since Kd,true
is fundamentally unknown and L0 cannot be below the LOQ of
the instrument, it is hard to ensure that the condition of L0 ≪
Kd,true is achieved. In essence, despite the simplicity of eq 16, it
is an incorrect (or inaccurate) regression model, and using it
will necessarily result in systematic errors in Kd,det even if L0,
T0, and R are free of systematic errors. It is, therefore,
instructive to demonstrate the extent of inaccuracy of Kd,det
caused by the use of eq 16 instead of eq 11 in nonlinear
regression (Figure 2).

Importantly, using eq 16 leads to an overestimation of Kd,det
and can result in L0 < Kd,det even when L0 > Kd,true. This
emphasizes the importance of not comparing L0 to Kd,det, as it
not only is incorrect but also can be misleading. Our results
strongly suggest that the correct model (eq 11) should be used
for nonlinear regression if both T0 and L0 are known.
Exceptions include cases where determining what L0 represents
is challenging, making the use of eq 11 impossible.14 Classic
examples are methods with surface-immobilized ligand, such as
BLI and SPR. Therefore, using the correct regression model is
crucial for the accurate determination of Kd. Below, we will
only use eq 11.
3.2. Sources of Systematic Errors in R. Systematic errors

in Kd,det can be attributed to systematic errors in R, which can
originate from various sources. Here, we analyze four common
sources of ΔR: (i) using non-additive signals to calculate R, (ii)
using an uncalibrated signal-detection instrument or incor-
rectly determined calibration parameters in calculating R, (iii)
using insufficient incubation time without allowing mixtures to
reach equilibrium, and (iv) measuring SC* (signal for pure
complex) without satisfying saturation condition described in
eq 9. Most of these error sources result from theoretical or
experimental mistakes and should be addressed during the

experimental design and preliminary experiments. Some other
less common but well-studied error sources, such as disturbing
equilibrium by (i) physical separation of the target−ligand
complexes from the unreacted ligand and (ii) change of
conditions (e.g., temperature) caused by detection, etc.,15,37−41

are not presented and discussed in this work.
In this Perspective, we consider only the universal origins of

inaccuracies in R. However, each method has its own specific
sources of inaccuracies. While we do not delve into these
method-specific sources, we strongly recommend that
practitioners thoroughly study the limitations and potential
inaccuracies associated with their chosen methods. Compre-
hensive analyses of these limitations and sources of inaccuracy
are available in the literature for all widely used methods of Kd
determination. Below, we provide references to some useful
materials for several methods that we subjectively view as most
widely used in the research community of Chemical Biologists:
Enzyme-Linked Immuno-Sorbent Assays (ELISA),42−44 Sur-
face Plasmon Resonance (SPR),45−47 Bio-Layer Interferometry
(BLI),48−50 Microscale Thermophoresis (MST),51−53 Isother-
mal Titration Calorimetry (ITC),54−56 and Nuclear Magnetic
Resonance (NMR).57−59

3.2.1. Non-additive Signals. Systematic errors in R can arise
from the use of a non-additive signal, which does not satisfy eq
7 and, accordingly, cannot be used in eq 8 (derived from eq 7)
to calculate R. Examples of Kd-determination approaches using
signals that have been proven to be additive/non-additive are
shown in Table 1. Note that the additivity status of some
signals listed in Table 1 is proven in this work, while we do not
have such information for Back-Scattering Interferometry
(BSI). Table 1 serves as a starting point for reviewing the
additive characters of the signals used in various Kd-
determination approaches. Researchers in the field of Kd
determination are invited to comment on and/or correct this
information on https://www.researchgate.net/post/
Addit iv i ty_of_signals_used_in_Kd-determinat ion_
approaches, where we will upload the updated table regularly.
Here, considering examples of non-additive signals within the
context of specific Kd-determination approaches is instructive.
Our results indicate that a signal should be proven to be
additive before it can be used to calculate R. Otherwise, large
systematic errors in Kd,det might be caused by mistakenly using
non-additive signals in R calculations.
3.2.1.1. Mobility-Based Methods. A method commonly

used for Kd determination for relatively unstable complexes is
based on mobilities of unbound ligand and target-bound ligand
in capillary electrophoresis (CE).60 In this method, a short
plug of the ligand of concentration L0 is injected into a
capillary prefilled with the running buffer containing the target
at a concentration of T0. This plug of the ligand moves through
the capillary by an electric field under the condition of
pseudoequilibrium in binding process (eq 2) which is
equivalent to a condition that the characteristic equilibration
time (teq) is much smaller than the characteristic separation
time (tsep):

t teq sep (17)

The characteristic equilibration time for a case of T0 ≫ L0 can
be approximated by38

+t k k T( )eq off on 0
1

(18)

Figure 2. Dependence of Kd,det/Kd,true on L0/Kd,true when using the
simplified hyperbolic eq (eq 16) to fit the theoretical binding
isotherms that were simulated with eq 11. There was no error added
to L0, T0, and R.
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The characteristic separation time is

=
| | | |

t l
v v v vmin( , )sep

T L C L (19)

where l is the length of the plug of ligand, and vT, vL, and vC are
velocities of the target, ligand, and complex, respectively.
Usually, the complex moves with the velocity intermediate to
those of the unbound ligand and target, that is |vC − vL| < |vT −
vL|, and eq 19 can be written as

=
| |

t l
v vsep

C L (20)

The migration time of the peak of ligand to the detector t is a
common measurable signal in capillary electrophoresis (CE),61

but time is not additive, while if the mobility of electroosmotic
flow is independent of T0, the velocity and inverse migration
time are both additive:60,62,63

= +

= +

v v
L
L

v
C
L

t t
L
L t

C
L

1 1 1

L
0

C
0

L 0 C 0 (21)

Binding isotherms with both time and velocity as a signal have
characteristic and undistinguishable sigmoidal shapes; how-
ever, they are shifted with respect to each other (Figure 3). If
one wrongly uses time instead of inverse time to calculate R
with eq 8, then the resulting Kd,det will have significant

systematic errors at both low and high L0/Kd,true values (Figure
3).
3.2.1.2. Methods Based on Fluorescence Anisotropy. Both

fluorescence anisotropy (r) and polarization (P) are the
parameters that quantitatively describe the degree of light
polarization in different contexts.64 Fluorescence anisotropy
was introduced specifically to characterize light emitted by a
fluorophore in three dimensions while polarization was
introduced to characterize polarization of a beam of collimated
light from a light source in a plane perpendicular to the beam.
Thus, fluorescence anisotropy and beam-light polarization are
applied to different dimensionalities which are reflected in
formulas expressing r and P through the two component light
intensities, factoring in the total light intensity.

Table 1. Examples of Kd-Determination Approaches with Information of Signals Used to Calculate R and Their Additivity

Approach Signal Additivitya
References with

proofb
Supplementary
references

Accurate Constant via Transient Incomplete Separation
(ACTIS)

Fluorescence intensity √ 23 78, 79
Ion-signal intensity √

Affinity Capillary Electrophoresis (ACE) Electrophoretic mobility √ 63 60, 62
Migration velocity (with constant mobility of
electroosmotic flow)

√

Migration time × Section 3.2.1.1 N/A
Non-Equilibrium Capillary Electrophoresis of Equilibrium
Mixtures (NECEEM)

Peak area √ 37 22, 90

Back-Scattering Interferometry (BSI) Refractive index in solution ? N/A 91, 92
Surface Plasmon Resonance (SPR) Refractive index on surface √ 93 94−96
Bio-Layer Interferometry (BLI) Wavelength shift √ 97 98, 99
Enzyme-Linked Immuno-Sorbent Assays (ELISA) Absorbance √ 100 101, 102
Solid Phase Radio-Immuno-Assay (SPRIA) Radioactivity √ 103 104, 105
Flow Induced Dispersion Analysis (FIDA) Apparent diffusion coefficient × Section 3.2.1.3 72, 74
Taylor Dispersion Analysis (TDA) Reciprocal of apparent diffusion coefficient × Section 3.2.1.3 106
Rotational Depolarization of Fluorescence Anisotropy √ 67 64, 107

Polarization × 68, Note S4 108−110
Fluorescence Resonance Energy Transfer (FRET) Fluorescence intensity √ 111 112
High-Performance Liquid Chromatography (HPLC) Peak area √ 113 114
Isothermal Titration Calorimetry (ITC) Binding enthalpy √ 115 116, 117
Microscale Thermophoresis (MST) Fluorescence intensity √ 118 21
Native Mass Spectrometry (MS) Ion signal intensity √ 119 120, 121
Nuclear Magnetic Resonance (NMR) Chemical shift √ 122 7, 123, 124

Longitudinal and transverse relaxation rates × 125 126
Electrophoretic Mobility Shift Assay (EMSA) Radioactivity or light/fluorescence intensity √ 127 128, 129
Gel Filtration Absorbance √ 130 131
aSymbol “√” indicates that a proof of additivity exists, symbol “×” indicates that the proof of non-additivity exists, and symbol “?” indicates that the
authors did not find a proof of additivity or non-additivity. bIn some references, it is not directly shown that whether the measured signals satisfy eq
7 or not. In these cases, if the measured signal is proven to be proportional to the quantities (e.g., concentrations, layer thicknesses, etc.) of target-
unbound and target-bound ligands, we consider that the additivity of the signal is proven (refer to discussion in Notes S1 and S2).

Figure 3. Comparison of the results produced by using the additive
velocity (v) and non-additive time (t) as signals: binding isotherms
and Kd,det obtained with signals of velocity (red) and time (blue) for
L0/Kd,true = 0.01 (A) and L0/Kd,true = 100 (B). In the simulation, the
theoretical/input Kd,true = 500 pM.
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Fluorescence anisotropy is defined as follows:64

=
+

r
I I

I I2 (22)

where I|| is the intensity of light emitted by a fluorophore with
a polarization orientation parallel to that of the excitation light;
I⊥ is the intensity of emitted light with a polarization
orientation perpendicular to that of the excitation light. The
denominator of eq 22 contains a factor of 2 because there are
two symmetrical dimensions perpendicular to the direction of
excitation-light polarization, but only the intensity associated
with one of them (i.e., I⊥) is typically measured. The
denominator represents the total intensity of light in the
three-dimensional space.
Beam-light polarization is defined as follows:65

=
+

P
I I
I I

max min

max min (23)

where Imax is the intensity of light polarized in the direction
which corresponds to maximum intensity; Imin is the intensity
of light in the direction perpendicular to the first one. The
denominator also represents the total intensity of light but in
two-dimensional space. eq 23 is sometimes written using I||
instead of Imax and I⊥ instead of Imin:

64

=
+

P
I I

I I (24)

which is legitimate provided that we understand that P
describes a two-dimensional case due to the missing factor of 2
in the denominator.
Formally, anisotropy and polarization calculated with eq 22

and eq 24, respectively, are closely related and interconvertible
with64

=r
P

P
2

3 (25)

Anisotropy has been proven to be an additive signal:66

= +r r L
L

r C
LL

0
C

0 (26)

and thus can be used to correctly calculate R with eq 8 and,
then, build an accurate binding isotherm and accurately
determine Kd with eq 11.67 However, by combining the
interconversion formula (eq 25) and the proof of anisotropy
additivity (eq 26), we can easily conclude that P is non-
additive (Note S4) and, thus, cannot be directly used to
calculate R. The non-additivity of P (without transformations)
was explained decades ago,67,68 but it is still mistakenly used
instead of r in eq 8 for finding R and Kd determination.
Additionally, some commercial instruments provide polar-

ization (P) as a default output,69,70 which can mislead users
into calculating R based on P. Such a mistake can only be
explained by a widely spread ignorance, as replacing P with r is
not only correct but also does not require any changes in
instrument hardware.
When one uses the non-additive P instead of additive r to

calculate R with eq 8, the binding isotherm will slightly shift
due to the systematic errors introduced to R (Figure 4).
Without including any other source of systematic errors, these
small shifts of binding isotherm cause <20% relative systematic
error in Kd,det for small L0/Kd,true. However, the effect of this

shift on the accuracy of Kd,det grows with increasing L0/Kd,true
and may result in >40% relative systematic errors for large L0/
Kd,true (Figure 4B, Note S5 and Figure S1). The large
discrepancy of Kd,det from Kd,true at high L0/Kd,true (Figure 4B,
Figure S1) indicates that non-additive P should not be used to
calculate R in Kd determination since the true value of L0/
Kd,true is unknown a priori. If P is the default output of a
commercial instrument,24,25 it should be converted to r with
interconversion formula (eq 25) before calculating R and
conducting the standard downstream procedures of Kd
determination, such as building binding isotherm and non-
linear regression.
3.2.1.3. Diffusivity-Based Methods. A signal from the ligand

(used in eq 8) must change upon complex formation. The
target−ligand complex is larger than unbound ligand and this
size difference creates a foundation for size-dependent signals.
A larger size results in slower translational movement leading
to velocity as a signal (as discussed in section 3.2.1.1 above). A
larger size leads to slower rotational depolarization resulting in
anisotropy as a signal (as discussed in section 3.2.1.2 above).
Furthermore, a larger size leads to slower diffusion and,
accordingly, the apparent diffusion coefficient Dapp of the
ligand was suggested and used as a signal in Kd determination.
One of the methods utilizing Dapp is based on monitoring
Taylor dispersion of the ligand molecule in a laminar pipe flow
within a capillary filled with the target.71−73 No inherent
sources of inaccuracy have been reported for this approach so
far. Here, we analyze Dapp for additivity, required for its use as
signal in eq 8 for calculation of R, and prove that Dapp is non-
additive.
Two geometrically different implementations of finding Kd

via determination of the apparent diffusion coefficient (by
monitoring Taylor dispersion) have been suggested:71−73 one
method utilizes a short plug of the equilibrium mixture of T
and L, while the other uses a continuous flow of the
equilibrium mixture. In each method, the apparent diffusion
coefficient, Dapp, is found by fitting the signal proportional to
the corresponding function with Dapp as an unknown
parameter.72,74 In this work, we will not compare these two
implementations of determining Dapp, but only analyze if Dapp
is additive.
There are four components in the equilibrium mixture: L

(unbound ligand), T (unbound target), C (target−ligand
complex), and one solvent. If Dapp is additive, it must satisfy:

= +D D L
L

D C
Lapp app,L

0
app,C

0 (27)

Figure 4. Comparison of the results produced by additive anisotropy
(r) and non-additive polarization (P): binding isotherms and Kd,det
obtained with anisotropy (red) and polarization (blue) at L0/Kd,true =
0.01 (A) and L0/Kd,true = 100 (B). In the simulation, the theoretical/
input Kd,true = 500 pM.
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where Dapp,L and Dapp,C are the apparent diffusion coefficients
for pure ligand L and pure complex C, respectively, and Dapp is
the apparent diffusion coefficient of L (resulting from both the
unbound and target-bound ligand) in the equilibrium mixture.
In the Supporting Information (Note S6 and Figure S2), we

prove the non-additivity of Dapp with mathematical derivations
and numerical simulations. As shown in the results of
simulations in Figure 5, employing the additivity assumption

of eq 27 results in large systematic errors in Kd,det, especially for
high L0/Kd,true (Figure 5B). Consequently, we consider the
diffusion coefficient, along with Taylor-dispersion methods,
unsuitable for accurately determining Kd.
Although the apparent diffusion coefficient cannot be

directly used to calculate R due to its non-additivity, R can
be determined by analyzing an additive signal (e.g.,
fluorescence) that varies with the fraction of unbound ligand
due to the differing diffusivities of L and C.23 Species with
different diffusion coefficients can undergo incomplete
separation in laminar flow, a phenomenon known as transient
incomplete separation (TIS).75−77 Based on the theory of TIS,
we developed the method of “accurate constant via transient
incomplete separation” (ACTIS) using laser-induced fluo-
rescence (LIF) or mass spectroscopy (MS) as detection
methods.23 ACTIS has been validated to be accurate, robust,
and rugged both in computer simulations and with physical
instruments.78−80

3.2.2. Mis-calibration of Signal-Detecting Instrument and
Inaccurate Calibration Parameters. Kd determination relies
on measuring signal changes due to complex formation. For
accurate R values, the instrument detecting the ligand should
be properly calibrated, ensuring a linear relationship between
the detected signal and concentration. Mis-calibrated instru-
ments can introduce systematic errors in R, affecting the
accuracy of Kd,det. The necessity of appropriate calibration for
signal-detecting instruments is well known, and calibration
procedures vary from instrument to instrument.81−83 In the
Supporting Information (Note S7 and Figure S3), we
demonstrate the effect of a mis-calibrated fluorescence detector
on Kd,det.
Calibration parameters are often used in data analysis to

standardize detected signals.22,64,84 Accurate calibration
parameters need to be determined prior to Kd-determination
experiments. Errors in calibration parameters lead to errors in
calculated R, impacting the accuracy of Kd,det. As an example,
here we show the effect of errors in one common calibration
parameter, φ (the quantum yield of target-bound ligand
relative to that of unbound ligand in fluorescence detection),

on the accuracy of Kd,det. Additionally, we discuss methods to
enhance the accuracy of the calibration parameter φ.
In Kd-determination approaches detecting changes in

fluorescence intensity due to the target’s binding to the ligand
(where the ligand denotes the component labeled with a
fluorophore and of smaller size), fluorescence quenching (i.e.,
quantum yield change of a fluorophore) often occurs when the
ligand binds to the target.85 In complete-separation ap-
proaches, such as non-equilibrium capillary electrophoresis of
equilibrium mixtures (NECEEM), R is calculated with eq 6
which involves a calibration parameter, φ, the quantum yield of
the target-bound ligand relative to that of the unbound
ligand.22,31,32 Here, we compare Kd,det to Kd,true by introducing
a 10% relative systematic error to φ (i.e., Δφ/φ = 0.1) across a
wide range of L0/Kd,true (Figure 6). The large relative

systematic error in Kd,det (|ΔKd,det/Kd,true|) at high L0/Kd,true
(as depicted in Figure 6) underscores the importance of
accurately determining φ in complete-separation approaches.
In complete-separation approaches, φ is determined by

comparing the signal area under the peak for pure complex
(SC*) to the area for pure ligand (SL*):22,31,32

=
*
*

S
S

C

L (28)

Determining accurate φ necessitates finding SL* and SC* from
pure ligand and pure complex, respectively, with identical
concentrations, and accurately measuring the corresponding
areas. To meet these requirements, we first need to decide on
the concentration of ligand L0 to use in order to produce SL*
in eq 28. While using the ligand concentration of L0 = LOQ
minimizes systematic errors in Kd,det derived from systematic
errors in L0, T0, and R,17 we recommend employing a higher
ligand concentration of L0 ≥ 10 × LOQ in the preliminary
experiment to determine SL*. A sample with higher ligand
concentration (e.g., L0 = 10 × LOQ) can yield a larger and
more easily defined area of SL* (and SC*), leading to more
accurate measured signal areas and reducing errors in
determined φ.
To measure the area of SC* from pure complex with the

same concentration, i.e., L0, the conditions outlined in eq 9
should be met to bind all ligands with a total concentration of
L0. To increase the likelihood of meeting the condition of T0

Figure 5. Comparison of the results produced by using apparent
diffusion coefficient as signal (blue) and theoretical results (red) for
L0/Kd,true = 0.01 (A) and L0/Kd,true = 100 (B). In the simulation, the
theoretical/input Kd,true = 1.0 μM.

Figure 6. Dependence of relative systematic error of Kd,det (i.e.,
|ΔKd,det/Kd,true|) on L0/Kd,true with adding 10% relative systematic
error in φ (i.e., Δφ/φ = 10%) for a complete-separation approach
with fluorescence as the signal.
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≫ Kd,true (unknown) (eq 9), the equilibrium mixture used for
measuring SC*, should contain the highest possible target
concentration T0, which is the solubility of the target in the
sample buffer. Note that the increase in sample viscosity
caused by high T0 would unlikely affect the accuracy of
measured SC* in complete-separation approaches because
signals (peak areas) are independent of viscosities. Further-
more, to ensure the condition of T0 > L0 (in eq 9) is met, L0
used in determining SL* and SC* cannot be excessively high.
Therefore, we recommend using L0 = 10 × LOQ and T0 =
“solubility of target” as the component concentrations in the
equilibrium mixture for measuring SC*. It is important to
emphasize that all conditions of preliminary experiments, e.g.,
temperature, sample buffer, detection system, etc., should be
identical to those in the subsequent Kd-determination
experiments to ensure the determined φ is a correct calibration
parameter in downstream data analysis.
Unlike complete-separation approaches, incomplete-separa-

tion approaches, e.g., ACTIS, do not require the parameter φ
to correct signal SC* in eq 8 for calculating R, since the
detected fluorescence intensity multiplied with a constant
quenching coefficient satisfies the requirement of signal
superposition (eq 7).23 Thus, although fluorescence quenching
affects the detected signal S, its presence does not affect the
accuracy of Kd,det obtained in approaches with incomplete
separation of free ligand from the complex.
In the Supporting Information (Note S8), we also

investigate the effect of the errors in another method-specific
calibration parameter, G (grating factor in fluorescence
anisotropy), on the accuracy of Kd,det and provide suggestions
on improving the accuracy of the experimentally determined G.
3.2.3. Not Reaching Equilibrium or Saturation. Careful

and correct pre-experimental calculations and experimental
design are crucial for the accurate determination of Kd. In these
preparative steps, researchers should decide on (i) the most
suitable Kd-determination approach for the studied binding
pair, (ii) experimental conditions, such as temperature and
wavelength of the light source, (iii) the concentration of each
binding partner in each equilibrium mixture, and (iv) the
incubation time for the samples, among other factors. Among
these experimental parameters, the total concentrations of
binding partners in equilibrium mixtures (i.e., L0 and T0) and
the incubation time for the samples are usually difficult to
choose due to the lack of reliable input information. Here we

demonstrate the effect of insufficient incubation time and
failure to reach saturation in the binding isotherm (caused by
the mis-selection of concentrations) on the accuracy of Kd,det.
We provide suggestions on how to ensure the incubation time
is sufficient and how to ensure that the equilibrium mixture
with the highest T0 satisfies the saturation condition.
3.2.3.1. Not Reaching Equilibrium in the Binding Process.

The first experimental step of the classic methodology of Kd
determination is to prepare a set of equilibrium mixtures
containing a constant concentration of the limiting component
L0 and varied concentrations T0 of the target. To minimize the
systematic error in Kd,det propagated from ΔL0, ΔT0, and ΔR,
we should choose L0 = LOQ.

17 In practice, the lowest nonzero
T0 is usually chosen as low as possible (often much lower than
L0),

16 for which the pseudo-first-order conditions of T0 ≪ L0
and L ≈ L0 are satisfied. Therefore, the characteristic time teq
(eq 18) of the reversible binding process (eq 2) with the
lowest nonzero T0 is expressed as

+

+ =

t k k L

t k k L

( ) or

( LOQ) when LOQ

eq off on 0
1

eq off on
1

0 (29)

which limits (represents the longest) characteristic time for all
the binding processes with different T0 in a single Kd-
determination experiment. To reach ≥95% of the equilibrium
concentration of the complex with the lowest nonzero T0, the
incubation time (tinc) must reach at least 3 times teq shown in
eq 29 (Note S9). In studies of molecular pairs with high
affinity (i.e., low Kd with high kon and/or low koff) and using
low L0 in all samples, the sufficient incubation time (i.e., tinc ≥
3teq) can be extremely long (e.g., a few days) (Note S9). Thus,
it is common to overestimate Kd,det due to using insufficient
incubation time.14

To demonstrate the effect of insufficient incubation time on
the accuracy of Kd,det, we simulated the binding isotherms using
the spreadsheet Data S1. We utilized the incubation time
within a range of 0.1teq to 19teq (teq was calculated using eq 29)
with a 1.5-fold step size, using L0/Kd,true = 0.1 (Figure 7A), and
summarized the dependence of Kd,det/Kd,true on the incubation
time (Figure 7B). The results of the simulations (Figure 7B)
show that, even with low L0/Kd,true = 0.1, insufficient
incubation time can cause Kd,det to be several times higher

Figure 7. Dependencies of representative binding isotherms (A) and Kd,det/Kd,true (B) on incubation time tinc. In the simulations, L0/Kd,true was
chosen to be 0.1. Due to the assumption of pseudo-first order conditions (either T0 ≪ L0 and L ≈ L0 or L0 ≪ T0 and T ≈ T0) satisfied by each EM,
the stabilized Kd,det was slightly smaller than the input Kd,true, i.e., stabilized Kd,det/Kd,true was slightly smaller than unit, which does not affect
estimating the sufficient incubation time.
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than Kd,true. As expected, both the binding isotherm and Kd,det
stabilize when tinc ≥ 3teq.
Although there are some experimental and mathematical

approaches to estimate sufficient incubation time (Note S10),
at this stage, the only reliable method of eliminating the effect
of incubation time on the accuracy of Kd,det is conducting
multiple Kd-determination experiments with increased incuba-
tion times until Kd,det stabilizes.

14 Note that, as equilibration
time is longer at lower T0, one can plan a sequence of
experiments so that equilibrium mixtures with higher T0 are
analyzed before equilibrium mixtures with lower T0 allowing
the latter more time for equilibration.
3.2.3.2. Not Reaching Saturation in Binding Isotherm. For

Kd-determination approaches with complete separation of
unbound ligand from target-bound ligand, although a complete
binding isotherm with R ranging from 0 to 1 is preferable, a
partial binding isotherm can be used to determine Kd if the
quantum yield ratio φ is accurately predetermined (eq 28).
However, in most Kd-determination approaches, free ligand
and complex cannot be completely separated, and R is
calculated with eq 8, in which the signals from pure ligand
and pure complex (i.e., SL* and SC*) play crucial roles. As we
mentioned above, the measurement of SL* is trivial, while the
determination of SC* requires that the binding process reach
saturation, i.e., C ≫ L. Since all the R values are calculated
based on SL* and SC* (eq 8), an inaccurate SC*, resulting from
a binding isotherm not reaching saturation, can distort the
whole binding isotherm and significantly reduce the accuracy
of Kd,det.
Here, we simulated binding isotherms (with Data S1) by

adding 10% relative systematic error in SC* (i.e., binding
isotherm does not reach saturation and ΔSC*/SC* = 0.1) for a
large range of L0/Kd,true (Figure 8A), and summarized the
dependence of the Kd,det/Kd,true ratio on L0/Kd,true (Figure 8B).
Figure 8B indicates that, for binding isotherms not reaching
saturation conditions, Kd,det can be much lower than the true
Kd (even reaching impossible negative values) at high L0/
Kd,true, emphasizing the importance of using T0 that allows the
binding isotherm to reach saturation condition.
To ensure that the binding isotherm reaches saturation, the

conditions of the equilibrium mixture with the highest T0
should satisfy eq 9, i.e., T0 > L0 and T0 ≫ Kd,true. The condition
of T0 > L0 is easy to satisfy if L0 is chosen to be close to the
LOQ of the instrument (usually in the pico- to nanomolar
range). However, it is difficult to conclude if the condition T0
≫ Kd,true is satisfied without knowing the true Kd.

A potential solution to this problem is to use the largest
possible target concentration T0 (which represents the
solubility of the target in the sample buffer), in the equilibrium
mixture (as discussed in section 3.2.2. for determining φ in
complete-separation approaches). However, this solution has
two main limitations for incomplete-separation approaches.
First, using excessively high T0 itself may affect the accuracy of
measured SC*. For instance, the increased viscosity of the
sample caused by high T0 (e.g., protein concentration) can
affect the detected signals for diffusivity-based (or -related)
approaches such as ACTIS and MST. Second, if the binding
isotherm reaches saturation with T0 much smaller than
solubility, reaching the highest possible T0 would waste a
large amount of the target, which is often a precious protein.
Therefore, to ensure that a binding isotherm reaches

saturation and to avoid the drawbacks associated with using
excessively high T0, here we suggest a criterion for saturation in
a binding isotherm. The criterion entails ensuring that zero lies
within the uncertainty range of the slope for the linear fitting of
the “cumulative signal S versus T0” obtained from the
equilibrium mixtures with the three highest T0. Additionally,
the highest T0 should be at least 2-fold greater than the lowest
T0 in the three equilibrium mixtures.
3.2.4. Estimating Systematic Error in R Quantitatively. To

provide researchers a comprehensive guidance to minimize the
systematic error in R, we summarize the measures discussed
above into a checklist, which is an expanded version of the
checklist proposed by Jarmoskaite et al. (see Table S1).14 By
using the checklist in Table S1, researchers can reduce the
likelihood of common theoretical or experimental mistakes in
determining R and thus significantly reduce ΔR. Based on the
experimentalist’s confidence in the determined calibration
parameters, the accuracy of the instruments used to measure
signals, and other factors, the range of minimized ΔR/R
(relative systematic error of R) with a certain confidence level
might be estimated. However, at this stage, we have not
identified an approach for quantitatively determining the
interval of minimized systematic error of R that can be used as
a reliable input to calculate the systematic error range of Kd,det.
Note that, the random error of R (δR) is independent to ΔR
and is translated into the random error of Kd,det (σ) through
nonlinear regression of a binding isotherm.
3.3. Sources and Confidence Intervals of Systematic

Errors in Concentrations. Sources of systematic errors in T0
and L0 arise from various factors. If concentrations are
calculated based on the weight of solid material and volume
of solvent, imperfectly calibrated mass- and volume-measuring

Figure 8. Dependencies of representative binding isotherms (A) and Kd,det/Kd,true (B) on L0/Kd,true with adding 10% relative systematic error in SC*,
i.e., the measured SC* is 10% higher than true SC* determined at saturation. In these simulations, we assume the cumulative signal S decreases with
the increase of T0.
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equipment as well as errors in product purity, can lead to
systematic errors in concentrations. If concentrations are
calculated using spectrophotometry (Lambert−Beer law),
systematic errors in molar extinction coefficients will result in
systematic errors in concentrations. These common sources
can induce systematic errors in target and ligand concen-
trations of stock solutions, which, in turn, can propagate into
systematic errors in concentrations of other diluted solutions
used in Kd-determination experiments. Another common
source of systematic errors in T0 and L0 occurring at any
step of an experiment is solute adsorption onto pipet tips, vials,
channels, etc. In the Supporting Information, we illustrate the
effect of systematic errors in T0 and L0 on the accuracy of Kd,det
for a large range of L0/Kd (Figure S5) and delve into the
common sources of systematic errors in concentrations along
with strategies to mitigate them (Note S11). To assist
researchers in minimizing systematic error in concentrations
L0 and T0, the measures to minimize ΔL0 and ΔT0 are
summarized in a checklist (Table S1) in the Supporting
Information.
When the systematic errors of variables are minimized, it is

important to have an approach that can quantitatively assess
the minimized systematic errors since estimating the system-
atic error in Kd,det from a single binding isotherm using error-
propagation methods requires input values for ΔL0, ΔT0, and
ΔR.18,26−28 If exact values of systematic errors in variables can
be determined, then the case is trivial as the variable can be
simply corrected for this systematic error. Conversely, if
nothing is known about systematic errors in variables, then the
problem is ill-posed as completely unknown systematic errors
cannot be propagated. However, there is a third case where the
exact values of systematic errors in variables are unknown, but
the confidence intervals of the systematic errors with desired
confidence levels can be quantitatively assessed. Confidence
intervals of systematic errors are not commonly discussed in
statistics, but they likely play a crucial role in the determination
of physicochemical parameters with nonlinear regression.
Here, we discuss two cases of assessing confidence intervals
of systematic errors in concentrations.
The first case involves a rough estimation based on

experiences, akin to the estimation of ΔR/R range mentioned

in section 3.2.4. If techniques listed in Table S1 (e.g., SDS-
PAGE) for determining large systematic errors or approaches
of method optimization (e.g., surface-modification) are
inaccessible, an experienced experimentalist should be able to
estimate the maximum ranges of relative systematic errors in
concentrations with some confidence, e.g., ± 20% for ligand
concentration and ±30% for target concentration with
confidence.
The second case involves a quantitative assessment based on

the relative random errors (i.e., relative standard deviations,
RSD) in concentrations of stock solutions. If all necessary
procedures for minimizing systematic errors (e.g., device
calibration, purity measurement, and method optimization)
have been properly conducted, we can reasonably assume that
the systematic errors in L0 and T0 of equilibrium mixtures are
from the random errors in the concentrations of ligand and
target stock solutions, i.e., the normally distributed concen-
trations of stock solutions in infinite preparations (Figure 9).
This assumption is valid because all the diluted solutions used
in Kd determination with nonlinear regression are prepared
from a single condensed ligand stock solution and a single
condensed target stock solution. The random errors in the
concentrations of stock solutions (present in an infinite
number of sample preparations) are usually much greater
than those of equilibrium mixtures due to the more
complicated preparation procedure with more error sources.
Thus, the confidence intervals of systematic errors in L0 and T0
(in equilibrium mixtures) can be estimated by measuring the
RSD of the concentrations of their stock solutions in multiple
preparations. Since there is no reliable measure to determine
concentration directly, RSD of concentrations should be
determined by experimentally measuring the spectroscopic
signals (e.g., light absorption or fluorescence intensity) from
stock solutions in multiple preparations (see an example in
Table S2).
For a single preparation of stock solution with a nominal

(desired) concentration Cnom, the confidence interval (e.g.,
with 68.3% confidence level) of systematic error can be
calculated as ΔC ∈ [−Cnom × RSD, Cnom × RSD], for which
the confidence interval of accurate concentration Cacu is Cacu ∈
[Cnom(1 − RSD), Cnom(1 + RSD)] (Figure 9). Note that, the

Figure 9. Demonstration of the relationship between the accurate concentration (Cacu) of a stock solution in one single preparation and the
concentration distribution in an infinite number of preparations. With minimized systematic error in concentration, we assume the average
concentration is equal to the nominal concentration Cnom.
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confidence level of systematic error or accurate concentration
can be varied by using different numbers of RSD in the
calculation of confidence intervals. As a result, due to
equilibrium mixtures being prepared by diluting stock
solutions, the confidence intervals (e.g., with 68.3% confidence
level) of systematic errors in nominal L0 and T0 can be
assessed as ΔL0 ∈ [−RSD × L0, RSD × L0] and ΔT0 ∈
[−RSD × T0, RSD × T0], respectively. It is important to
emphasize that the confidence intervals of ΔL0 and ΔT0
derived from the RSD of concentrations of stock solutions
are the lower limits of systematic error ranges assuming that all
other systematic errors in the concentrations of stock solutions
have been eliminated. Despite lacking an approach for
quantitatively assessing the confidence interval of ΔR, the
approach of finding the lower limits of confidence intervals of
ΔL0 and ΔT0 explained here will make the existing numerical
statistical methods of calculating the confidence interval of
Kd,true more comprehensive and practical for molecular
scientists.26−28

4. CONCLUDING REMARKS
Since the systematic error in a determined Kd (ΔKd,det) is
translated from the systematic errors in the variables used to
determine Kd, i.e., ΔL0, ΔT0, and ΔR (Figure 1B), under-
standing the sources of systematic errors in all variables and
minimizing these errors are pivotal to minimizing ΔKd,det. It is
crucial to emphasize that systematic errors in the variables can
result in an incorrect ranking of ligands during high-
throughput screening. This challenges the common belief
that such errors systematically shift all Kd,det values in the same
direction without affecting the ranking order. For instance,
ligands with low true Kd values can have high L0/Kd,true values;
without minimizing the systematic errors in variables, Kd,det can
be much greater than Kd,true, wrongly categorizing these ligands
as low-potency.
To determine an accurate Kd, the first step is to ensure there

is no theoretical or experimental mistake in the Kd-
determination approach. Such mistakes can introduce system-
atic errors in R, and eventually translate into systematic errors
in Kd,det, which can be extremely large at unfavorable (large)
values of L0/Kd,true (see, for example, Figure 3). In this work,
we discussed the most common sources of systematic errors in
R, such as non-additive signals, mis-calibrated instruments,
inaccurate calibration parameters, etc., and quantitatively
studied the effect of errors from these sources on the accuracy
of Kd,det. We also provided suggestions on how to reduce or
eliminate the systematic error in R caused by the common
error sources. With careful theoretical and experimental design
and proper instrument calibration, ΔR can be minimized, while
the confidence interval of the minimized ΔR cannot be
quantitatively determined at this stage.
The sources of systematic errors in concentrations (i.e., ΔL0,

ΔT0), such as mis-calibrated measuring equipment, product
impurities, and reagent adsorption onto surfaces, have been
well-studied, and many approaches to eliminate these error
sources have been developed (Note S11).86−89 In this work,
we summarized the measures of eliminating or minimizing ΔR,
ΔL0, and ΔT0 caused by the common error sources into a
checklist (Table S1), which is a convenient tool for researchers
in the field of Kd determination. For any specific Kd-
determination approach, researchers should establish a stand-
ard operating procedure (SOP) for minimizing systematic
errors in concentrations based on the chemical properties of

the ligand and target used. The SOP should be established
prior to any experiment, and it should be strictly followed
during the Kd-determination experiments.
Although the systematic errors in concentrations cannot be

fully eliminated, and their true values can hardly be determined
accurately, the confidence intervals of the minimized system-
atic errors in concentrations can be quantitatively assessed with
the quantitative study of random errors in concentrations of
stock solutions. By combining the quantitatively assessed
confidence intervals of systematic errors in concentrations with
the existing numerical statistical methods, the lower limit of
confidence interval of Kd,true can be determined.26−28 In
addition, these confidence intervals are being instrumental in
the ongoing development of a new highly practical tool for
assessment of the accuracy confidence interval of Kd,true.

18

In summary, in this work, we theoretically analyze the
common sources of systematic errors in Kd determination. Our
findings offer valuable insights and practical strategies that are
crucial for researchers aiming to maximize the accuracy of Kd
measurements in binding studies. By thoroughly understanding
and addressing these error sources, this work provides a robust
framework that can be integrated into both academic curricula
and professional practice, thereby enhancing the reliability of
experimental outcomes. Additionally, our study serves as a
critical reference for peer reviewers and journal editors in
assessing the methodological soundness of research articles
reporting Kd values. Ultimately, the adoption of these
guidelines will foster higher standards of reliability in the
field, benefiting the wider scientific community and advancing
the quality of research in molecular interactions.
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■ SYMBOLS
Kd, equilibrium dissociation constant
Kd,det, (experimentally) determined value of Kd
Kd,true, (unknown) true value of Kd
ΔKd,det, systematic error of Kd,det
L0, total concentration of the ligand
L, equilibrium concentration of the ligand
ΔL0, systematic error of L0
T0, total concentration of the target
T, equilibrium concentration of the target
ΔT0, systematic error of T0
C, equilibrium concentration of the target−ligand complex
R, fraction of unbound ligand in the equilibrium mixture of
ligand and target
ΔR, systematic error of R
δR, random error of R
σ, standard deviation (uncertainty) of Kd,det obtained with
nonlinear regression
RSD, relative standard deviation
LOQ, limit of quantitation of the instrument used to detect
the ligand
kon, rate constant of complex formation
koff, rate constant of complex dissociation
SL, signal from the unbound ligand
SC, signal from the target−ligand complex
S, cumulative signal from the unbound ligand and the target-
bound ligand in the equilibrium mixture
SL*, signal from pure ligand with a concentration of L0
SC*, signal from pure complex with a concentration of L0
φ, factor by which the signal of ligand changes when it binds
the target
teq, characteristic equilibration time under the condition of
pseudoequilibrium in the binding process
tsep, characteristic separation time
tinc, incubation time of a mixture of ligand and target
r, anisotropy, or the cumulative anisotropy determined from
the equilibrium mixture
I||, intensity of light emitted by a fluorophore with a
polarization orientation parallel to that of the excitation light
I⊥, intensity of emitted light with a polarization orientation
perpendicular to that of the excitation light

Imax, intensity the of light polarized in the direction that
corresponds to maximum intensity
Imin, intensity of light polarized in the direction that
corresponds to minimum intensity
P, polarization, or the cumulative polarization measured
from the equilibrium mixture
Dapp, apparent diffusion coefficient determined from the
equilibrium mixture
G, grating factor in fluorescence anisotropy
Cnom, nominal (experimentally desired) concentration
Cacu, accurate (true) concentration
ΔC, systematic error of concentration
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